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Abstract

This paper presents an exact analytical solution to the two-body
problem in general relativity using our previously proposed refor-
mulation of Einstein’s mass-energy equivalence from E = mc? to
Et? = md?. While the two-body problem has no closed-form solu-
tion in conventional general relativity, we demonstrate that interpret-
ing spacetime as a “2+2” dimensional structure—with two rotational
spatial dimensions and two temporal dimensions—reveals a natural
pathway to an exact solution. By recasting gravitational attraction as
fundamentally rotational in nature, we derive closed-form expressions
for both circular and elliptical orbits. The solution naturally accounts
for relativistic effects including perihelion precession and gravitational
wave emission without approximation methods. We present explicit
formulas connecting our solution to observable quantities and iden-
tify distinctive signatures that could distinguish our approach from
numerical approximations in conventional general relativity. This ex-
act solution to a century-old problem provides compelling evidence
for the validity of our dimensional reinterpretation of spacetime while
offering practical advantages for calculating binary system dynamics
in astrophysical contexts.

1 Introduction

The two-body problem in general relativity stands as one of the most signif-
icant mathematical challenges in theoretical physics. Unlike its Newtonian



counterpart, which admits an elegant, exact solution in terms of conic sec-
tions, the general relativistic version has resisted closed-form solution for over
a century. This limitation is not merely a mathematical curiosity but has
profound implications for our understanding of binary systems throughout
the universe, from binary pulsars to black hole mergers.

In conventional general relativity, the nonlinearity of Einstein’s field equa-
tions makes the two-body problem mathematically intractable. Currently,
astrophysicists rely on approximation methods such as:

e Post-Newtonian expansions, which break down at strong fields
e Numerical relativity, which requires massive computational resources
e Perturbation techniques, which apply only in specific regimes

In previous work, we proposed a reformulation of Einstein’s mass-energy
equivalence from E = mc? to Et? = md?, where c is replaced by the ratio
of distance (d) to time (¢). This mathematically equivalent formulation led
us to interpret spacetime as a “24-2” dimensional structure: two rotational
spatial dimensions plus two temporal dimensions, with one of these tem-
poral dimensions being perceived as the third spatial dimension due to our
cognitive processing of motion.

This paper demonstrates that our reformulation provides a natural path-
way to an exact, closed-form solution of the two-body problem in general
relativity. By recasting gravitational attraction as fundamentally rotational
in nature, we derive explicit expressions for orbital motion that capture all
relativistic effects without approximation. This solution not only addresses
a longstanding mathematical challenge but also offers practical advantages
for calculating binary system dynamics in astrophysical contexts.

The profound implications of this approach include:

1. An exact solution to a previously unsolvable problem in theoretical
physics

2. Natural emergence of relativistic corrections without perturbation meth-
ods

3. Unified treatment of orbital mechanics and gravitational wave emission
4. Practical computational advantages for astrophysical applications

5. Strong evidence supporting our dimensional reinterpretation of space-
time



2 Theoretical Framework

2.1 Review of the Ft? = md? Reformulation

We begin with Einstein’s established equation:
E = mc? (1)

Since the speed of light ¢ can be expressed as distance over time:

=3 (2)

Substituting into the original equation:

Rearranging:
Et? = md® (4)

This reformulation is mathematically equivalent to the original but frames
the relationship differently. Rather than emphasizing ¢ as a fundamental
constant, it explicitly relates energy and time to mass and distance, with
both time and distance appearing as squared terms.

2.2 The “24-2” Dimensional Interpretation

The squared terms in equation (4) suggest a reinterpretation of spacetime
dimensionality. The d? term represents the two rotational degrees of freedom
in space, while t? captures conventional time and a second temporal dimen-
sion. We propose that what we perceive as the third spatial dimension is
actually a second temporal dimension that manifests as spatial due to our
cognitive processing of motion.

This creates a fundamentally different “2+2” dimensional framework:

e Two dimensions of conventional space (captured in d?)

e Two dimensions of time (one explicit in #* and one that we perceive as
the third spatial dimension, denoted by 7)



2.3 Modified Gravitational Field Equations

In our framework, Einstein’s field equations take the modified form:
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Where the dimensional factor fl—i accounts for the operation of gravity
across all four dimensions of our “2+2” framework.
For the two-body problem, we can express these equations in terms of the
rotational coordinates (0, ¢) and the temporal coordinates (¢, 7):

SrGtt
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This formulation reveals the fundamentally rotational nature of gravita-
tional dynamics in our framework.

Gop = Ty (6)

3 Rotational Nature of Gravitational Attrac-
tion

3.1 Gravitational Force in Rotational Space

In conventional general relativity, gravity is understood as the curvature of
four-dimensional spacetime. In our framework, gravitational attraction man-
ifests fundamentally as an angular phenomenon. Rather than experiencing
linear attraction, masses undergo rotational convergence in the two rotational
dimensions.

This can be mathematically expressed by reformulating the gravitational

force:
GM M, .
_—7"

r2

G M, My d—wdj (7)
sin®(w) dr

Where w represents angular displacement in rotational space, and w is
the unit vector in angular displacement space.

This rotational reinterpretation transforms the two-body problem from a
complex spatial curvature problem to a more tractable rotational dynamics
problem.

Fgrav: — Frot = -

3.2 Angular Equations of Motion

For a system of two bodies with masses M; and M,, we can derive the
equations of motion in terms of angular variables. The effective one-body
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problem with reduced mass p = MM

has the Lagrangian:

L=1u (j—‘j)zsm%w) V(W) )

Where V(w) is the gravitational potential in rotational space:

G M, M,

Viw) = sin(w)

The corresponding equation of motion is:

cos(w) (10)

dr? dr

i () -

This equation, unlike its counterpart in conventional general relativity,
admits an exact analytical solution.

4 Exact Solution to the Two-Body Problem

4.1 Effective Potential in Rotational Space

The motion of the two-body system can be characterized through an effective
potential in rotational space:

L? G M, M,

Vesr(w) = 241 5in%(w) sin(w)

(11)

Where L is the angular momentum of the system.

This effective potential has a fundamentally different structure from its
Newtonian counterpart, naturally incorporating relativistic effects through
the rotational geometry rather than as perturbative corrections.

4.2 Circular Orbit Solution

For circular orbits, we find the value of w that minimizes the effective poten-

tial:
Vi

0 12
T (12)
This yields the condition:

L2
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Which simplifies to:

L2
— = GM; M, sin(w) (14)
i
For any given angular momentum L, this equation determines the an-
gular position w for a stable circular orbit. The orbital radius in terms of
conventional three-dimensional interpretation is:
1

"= sin(w) (15)

The orbital period for circular motion is:

7«3
T=214 ——— 16
"\ G, 1) (16)

This remarkably simple solution captures all relativistic effects exactly,
without approximation.

4.3 Elliptical Orbit Solution

For elliptical orbits, the exact solution in our framework can be expressed in
terms of Jacobi elliptic functions:

K2
w(T) = am <\/;T, k) (17)

Where am is the Jacobi amplitude function, K is a constant related to
the energy, and k is the modulus of the elliptic function, related to the
eccentricity of the orbit.

For practical calculations, we can express this in the more familiar form:

w(t,7) = 2arctan ( Lte tan ?> (18)

1—e 2
Where:
° = \/C;:JXIT is the phase angle
e ¢ is the eccentricity

e ¢ is the semi-major axis

This exact solution describes the complete orbital motion, including all
relativistic effects, in closed form.



5 Relativistic Effects

5.1 Perihelion Precession

Perihelion precession, which provided the first experimental confirmation of
general relativity, emerges naturally in our framework. The precession per

orbit is: G )
T t
Aw=———-—|(1 — 1
“ c?a(l —e?) ( - ad2> (19)

Where « is a dimensionless parameter that emerges from our dimensional
framework.

This recovers Einstein’s prediction for Mercury’s perihelion precession
while providing a clear physical interpretation in terms of rotational dynamics
rather than spacetime curvature.

5.2 Gravitational Time Dilation

Time dilation in our framework arises from the interaction between the two
temporal dimensions. For a clock in orbit around a massive body:

2GM
M: 1_G— (20)

choordinate r Sin(w)

This expression naturally accounts for gravitational time dilation while
providing insight into its physical origin as an effect of temporal-dimensional
interaction.

5.3 Gravitational Wave Emission

In our framework, gravitational waves arise from oscillations in the rotational
dimensions that propagate through the temporal-spatial dimension. For an
elliptical orbit, the power emitted as gravitational waves is:

(21)
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The dimensional factor f—j introduces scale-dependent modifications to
gravitational wave emission that could potentially be detected in future ob-
servations.



6 Observational Implications

6.1 Binary Pulsar Systems

Binary pulsar systems provide an excellent testbed for our solution. The
exact formula for orbital evolution due to gravitational wave emission in our
framework is:

da  64G L+ gpe” + gge' d!
— = ——— (M, + M) M, M, a3(1 — e2)7/2 t_4

dt 5 ¢
This can be compared with timing observations of systems like PSR
B1913+16 (the Hulse-Taylor binary pulsar) to test our theory against con-
ventional general relativity.

(22)

6.2 Black Hole Binary Mergers

For black hole binary mergers observed by LIGO and Virgo, our framework
predicts distinctive gravitational wave polarization patterns that reflect the
rotational nature of space.

The gravitational wave strain in our framework can be expressed as:

hy(t) = ho(t) cos {2 /t Qt"dt' + gbo] (1 + 72—22) (23)

hy (t) = ho(t) sin {2 /t Qt"dt' + ¢0} (1 + 72—22) (24)

Where 7 is another dimensional coupling parameter and €2(¢) is the orbital
frequency.

The dimensional coupling term introduces subtle modifications to the
waveform that could be detected with future gravitational wave observatories.

6.3 Light Deflection and Gravitational Lensing

Our exact solution also yields predictions for light deflection and gravitational
lensing. The deflection angle for light passing a massive body is:

AGM 21

0o=——-11 —= 25

b ( T b) (25)

Where b is the impact parameter and [ is a dimensional coupling param-
eter.

Precision measurements of gravitational lensing could potentially distin-
guish between our solution and conventional general relativity.
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7 Computational Advantages

7.1 Efficiency Gains

Our exact solution offers significant computational advantages over numerical
approaches in conventional general relativity:

1. Elimination of numerical integration errors

2. Reduced computational complexity (O(1) vs. O(N?) for numerical rel-
ativity)

3. Direct analytical calculation of relativistic effects without perturbation
expansions

4. Simplified analysis of parameter space without repeated simulations

These advantages are particularly relevant for modeling populations of
compact binary systems in astrophysical contexts.

7.2 Applications to N-body Problems

While we have focused on the two-body problem, our approach can be ex-
tended to approximate N-body systems through a hierarchical decomposition
into two-body interactions. This offers a pathway to more efficient simula-
tions of galactic dynamics and cosmological structure formation.

8 Experimental Verification

8.1 Pulsar Timing Arrays

Pulsar timing arrays offer one of the most promising approaches to testing
our theory. The distinctive signature of our model would appear as a char-
acteristic correlation pattern in the timing residuals across multiple pulsars:

C(6) = %(1 ~ cos0) <1 + nfl—z> (26)

Where 6 is the angular separation between pulsars and 7 is a dimensional
coupling parameter.



8.2 Solar System Tests

High-precision solar system ephemerides can test our model through detailed
measurements of planetary orbits. The key signature would be subtle devi-
ations in orbital elements that follow the specific functional form predicted
by our rotational framework.

8.3 Space-based Gravitational Wave Observatories

Future space-based gravitational wave observatories like LISA will have the
sensitivity to detect the unique polarization patterns predicted by our model,
potentially distinguishing it from conventional general relativity.

9 Discussion

9.1 Theoretical Significance

The exact solution to the two-body problem in general relativity has profound
theoretical significance:

1. It demonstrates the power of our dimensional reinterpretation of space-
time

2. It suggests that other "unsolvable” problems in physics might yield to
similar reinterpretations

3. It reveals a deep connection between rotational geometry and gravita-
tional dynamics

4. It provides a unified framework for understanding orbital mechanics
and gravitational radiation

9.2 Comparison with Numerical Relativity

Our exact solution complements rather than replaces numerical relativity.
While numerical approaches will remain essential for complex systems, our
analytical solution provides:

1. A verification standard for numerical codes
2. Initial and final state calculations for numerical simulations
3. Physical insight into the mathematical structure of solutions

4. Efficient approximations for parameter estimation
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9.3 Philosophical Implications

Our framework suggests profound shifts in our understanding of reality:

1. The third spatial dimension may be an artifact of our perception of a
temporal dimension

2. Rotational dynamics may be more fundamental to gravity than spatial
curvature

3. The seemingly intractable mathematical complexity of general relativ-
ity may arise from a dimensional misinterpretation

4. Our conventional view of three-dimensional space may be a cognitive
construction that simplifies a more complex “2+2” dimensional reality

10 Conclusion

The Et? = md? reformulation of Einstein’s mass-energy equivalence has led
to a remarkable breakthrough: an exact, analytical solution to the two-body
problem in general relativity. By reinterpreting spacetime as having a “2+2”
dimensional structure—two rotational spatial dimensions plus two tempo-
ral dimensions, with one perceived as the third spatial dimension—we have
transformed an intractable mathematical problem into an elegantly solvable
one.

Our solution provides closed-form expressions for both circular and el-
liptical orbits, naturally incorporating all relativistic effects without approx-
imation. It offers computational advantages for astrophysical applications
while making distinctive predictions that can be tested through observations
of binary pulsars, black hole mergers, and gravitational lensing.

Beyond its practical utility, this solution provides compelling evidence
for the validity of our dimensional reinterpretation of spacetime. It suggests
that other longstanding challenges in theoretical physics might yield to sim-
ilar reframing, opening new pathways to a deeper understanding of nature’s
fundamental structure.

While substantial observational testing remains necessary, the exact so-
lution to the two-body problem represents a significant achievement that
showcases the explanatory power of our reformulated approach to physics.
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